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An error was detected in the derivation of the expression of the cumulative hazard function in a recently
published paper by Safari, W. C., Lopez-de-Ullibarri, I, and Jicome, M. A. (2021), A product-limit
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Coruna, Spain C* in the simulation study. As a consequence, the simulation results in Section 4 are affected. A

corrected version of these sections is given in the Supporting Information.
Correspondence

Wende C. Safari, Faculty of Computer
Science, University of A Corufia, Elvifia,
15071 A Coruiia, Spain.

Email: wende.safari@udc.es

Keywords

correction, censoring, cure models, kernel estimator, Nadaraya—-Watson weights

This is the peer reviewed version of the following article:

Safari, W. C., Lépez-de-Ullibarri, I., & Jacome, M. A. (2021). Correction: A product-limit estimator of the conditional survival function when cure
status is partially known. Biometrical Journal, 63, 1544-1546. https://doi.org/10.1002/bim;j.202100156

which has been published in final form at https://doi.org/10.1002/bim;j.202100156. This article may be used for non-commercial purposes in
accordance with Wiley Terms and Conditions for Use of Self-Archived Versions. This article may not be enhanced, enriched or otherwise
transformed into a derivative work, without express permission from Wiley or by statutory rights under applicable legislation. Copyright notices
must not be removed, obscured or modified. The article must be linked to Wiley’s version of record on Wiley Online Library and any embedding,
framing or otherwise making available the article or pages thereof by third parties from platforms, services and websites other than Wiley Online
Library must be prohibited.

1 | CORRECTIONS

The corrections to be made in Safari et al. (2021, pp. 985-986, 990-994, 999, 1001-1002; https://doi.org/10.1002/bimj.
202000173) are outlined as follows: In Section 2 (pp. 985-986), we introduce the notation in the mixture cure model when
cure status is partially known. Let Y be the survival time with distribution function F(t|x) = P(Y < ¢|X =x) and X a
vector of covariates, and C* is the censoring time with distribution function G(¢|x) = P(C* < t|X = x). The random vari-
ables Y and C* are assumed to be conditionally independent given X = x. Assume that the survival time Y is subject
to random right censoring, so that instead of observing Y, only T* = min(Y,C*) and § = 1(Y < C*) would be observed.
Let v = 1(Y = o0) be the indicator of being cured from the event. Note that v is partially observed because § = 1 implies
v = 0, but v is usually unknown for the censored observations. In the mixture cure model when the cure status is partially
known, v = 1 is also observed randomly for some censored individuals.

Suppose that ¢ indicates whether the cure status is known (£ = 1) or not (§ = 0). To accommodate for this situ-
ation, let the censoring distribution be an improper distribution function G(t|x) = {1 — 7(x)}G(t|x), so with proba-
bility 7(x) the censoring variable is C* = oo, and with probability {1 — 7 (x)} the value of the censoring variable C*
corresponds to the value of a random variable C with proper continuous distribution function Gy(t|x). A cured indi-
vidual is identified with probability P(§{ = 1|y = 1,X = x) = P(C* = oo|X = x) = w(x). In this context, we observe the
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quintuple {(X;, T, 6;, §;, §;v;) : i = 1,..., n}, where, for individuals not identified as cured the observed timeis T; = T =
min(Y;, C;), while the corresponding observed time for those known to be cured (T} = oo) is recorded as T; = C;.

The following corrects the derivation of the motivation of the estimator of the cumulative hazard function in Safari et al.
(2021, p. 999). Without loss of generality, for simplicity we only consider a single continuous covariate X. The cumulative
hazard function A(¢|x) can be written as follows:

t t —
dF(v | x) {1-G@™ | x)}dF(v | x)
o 1=F~[x) Jy {1-G [x)H1—-F(~ | x)}
Observe that
1-Fu | x)1-G | x)}=P(Y >2v,C*>v|X =x)
=PY 20,C*20,v=0|X=x)+P(Y >0v,C*>0,v=1|X=x)
=P(T*>20v,fv=0|X=x)+P¢v=1|X =x).
Note that, by definition,
PT*>0,v=0|X=x)+P¢Ev=1|X=x)
=PT2v|X=x)+PT<v,v=1|X=x)
=1-H@ | x)+HY (v | x). (A2)
On the other hand,
t
/ 1-GW | x)}dFv|x)=P([C*2Y,Y<t|X=x)=P(T*"<t,6 =1|X =Xx),
0
where
PT*<t,6=1|X=x)=P(T<t,6=1|X=x)=H'(t|x). (A3)

Although the correction affects some lines in the proof of Lemmas 3 and 4 in the Supporting Information of Safari et al.
(2021), these modifications do not affect the theoretical results.

The correction does, however, affect the simulation results in Section 4 of Safari et al. (2021, pp. 992-994) and in the
Supporting Information. In the simulation study, there is a small change in the generation of the values of the censor-
ing variable C*. In consequence, the simulations results have been greatly improved and the gains are reflected in our
proposed estimator.

For convenience reference, readers of Safari et al. (2021) are referred to a modified version of the paper which is provided
as Supporting Information.
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